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Abstract
How should alliance patterns respond to changing relative power? If states ally against 
the greatest threat, they should switch alliances if a shift in relative power makes a 
new state more threatening than the previous adversary. For some states, a “threat 
transition” will occur when the risk of a preventive war from the declining state falls 
below the risk of a revisionist war from the rising state, prompting a switch from the 
rising to the declining state. Such a threat transition may occur before, after or even 
in the absence of a power transition, in which the second-ranked state overtakes the 
most powerful state in the system. I present a model of alliance choice over time with 
changing relative power that develops the dynamic balance of threat perspective. I 
then discuss US–Chinese–Russian relations as an illustration of the model.

Keywords Russia · China · USA · Balance of power · Balance of threat · Preventive 
war · Power transition · Alliances

When it comes to power politics, three aspects of the current global system are espe-
cially noteworthy. First, the USA and China are the two strongest powers. The US–
Chinese lead is especially pronounced in economic size and military spending. US 
GDP in 2018 was $21.4 trillion, China came in second at $14.1 trillion and Japan 
was number three at $5.2 trillion.1 The USA led the world in military spending in 
2018 at $643 billion, China was second at $168 billion and Saudi Arabia was third 
at $82.9 billion.2 Second, China is widely, but not universally, expected to overtake 
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the USA for the top spot at some point in the future.3 According to purchasing 
power parity, the Chinese economy already outranks the USA.4 Although China is 
still far behind the USA in the military sphere, its higher economic growth rate and 
enormous latent power suggest that it is only a matter of time before China becomes 
the most powerful country in the world. Third, US–Chinese relations are hostile. 
The Chinese shift to the US side after the Sino-Soviet split came to an end with 
the Cold War, and tensions have increased as China becomes more assertive in the 
South China Sea, over Taiwan, and other issues (Mastro 2015). For its part, the USA 
has raised tariffs against Chinese goods and sought to reduce US–China trade.

The re-emergence of competition between the two leading states, so reminiscent 
of the US–Soviet Cold War, may reanimate some of the debates about international 
relations that went dormant after its end. In particular, the debate about alliance 
choices is ripe for reconsideration. If US–Chinese relations continue to deteriorate, 
third parties will face a choice between siding with China, siding with the USA 
or attempting to remain neutral.5 Balance of power theory suggests that they will 
choose the weaker side, to preserve their independence from the stronger  (Waltz 
1979, 127). Bandwagoning theorists argue that states will join the stronger side 
either in order to appease it or in hopes of making gains at the expense of other sta-
tus quo powers (Schweller 1994). Balance of threat theory argues that they balance 
against the most threatening side, where threat is comprised of aggregate power, 
geographic proximity, offensive capabilities and aggressive intentions  (Walt 1987, 
22). Finally, liberal theorists argue that “birds of a feather,” particularly democra-
cies, tend to ally together (Lai and Reiter 2000).

These theories were designed to explain alliance choices under static balances 
of power, but can be extended to the dynamic context of the present US–Chinese 
relationship. According to balance of power theory, the “power transition” point, in 
which the power of the rising state equals that of the declining state, should be cru-
cial (Organski and Kugler 1980). Third parties should switch from the rising to the 
declining state at the point of power transition, siding with the weaker state in both 
cases. Bandwagoning theorists should predict the opposite pattern, states should 
jump ship from the declining to the rising state as the rising state surpasses the 
declining state. Balance of threat theory, somewhat more ambiguously, predicts that 
states should abandon the rising state for the declining state when the rising state 
becomes more threatening. This might or might not correlate with a power transition 
point. Finally, birds of a feather theory would suggest that shifts in relative power 
should have little impact on alliance choice, which should remain stable unless the 
regime type of the actors changes.

Of these four perspectives, the balance of threat theory is perhaps most in need 
of further development to equip it to handle shifting relative power. By analogy to 
power transition theory, there should be a “threat transition” in which the rising state 

4 https ://www.imf.org/exter nal/datam apper /PPPGD P@WEO/CHN/USA/RUS.
5 For analyses of alignment choices of the secondary powers on China’s periphery, see  Lin (2015) 
and Han (2018).

3 See Beckley (2011) for a dissenting view.
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becomes more threatening than the declining state. But where will this threat transi-
tion point be, in relation to the power transition (if any), and what factors will affect 
its location? Some states may experience no threat transition despite changing rela-
tive power, whereas others may be quite sensitive to power dynamics.

To address these questions, I develop a theory and associated game theoretic 
model that outlines how changing relative power contributes to threats, how those 
threats wax and wane, and what the effects of those threats should be on the alliance 
choices of third parties. I identify two particularly dangerous phases, the changing 
power phase and the consolidation phase. In the changing power phase, one state 
declines and another rises. In this phase, the main danger is that the declining power 
will launch a preventive war to block the rise of the challenger  (Copeland 2000; 
Fearon 1995; Powell 2006). In the consolidation phase, the declining state has bot-
tomed out and the rising state has grown stronger. However, the newly risen state 
now wishes to alter the status quo to its liking. There is a mismatch between the dis-
tribution of power and the distribution of goods, which also makes for a high likeli-
hood of conflict (Fearon 1995; Powell 1996).6

How should states make alliance choices in each phase? States that share impor-
tant interests with one side or have significant disputes with the other may stick with 
their favored side despite any power changes. However, states that are primarily 
concerned with survival and defending their independence, and are not particularly 
close to either side, should seek to minimize the incentive of the leading states to 
fight. Great power war threatens other states by raising the chances that they will 
be invaded or damaged by the fighting. In the words of the African proverb, when 
elephants fight, it is the grass that suffers. In the changing power phase, the threat of 
war comes from the declining power, so states able to choose should ally with the 
rising state, to reduce the declining power’s incentive for preventive war. Once the 
rise is complete, however, the threat now comes from the newly risen state. Balancers 
should flock to the declining state to deter the newly powerful state from launching 
revisionist wars. The timing of the switch, or the “threat transition,” should be the 
point at which the likelihood of preventive war initiated by the declining state falls 
below the likelihood of revisionist war initiated by the rising state. This point may or 
may not be related to a power transition in which the second-ranked state overtakes 
the leading state. It could occur before a power transition point, if the declining state 
gives up on preventive war before the rising state reaches parity, or it could poten-
tially be after it if the leading state still clings to some hope of reversing its decline 
by force after the power transition. It could even happen when the ranking of the two 
states remains the same, so there is no power transition, so long as there is enough of 
a power shift to generate preventive war temptations on the part of the declining state.

In assessing the theory empirically, the most important state to consider is Russia. 
Current US allies like Japan and South Korea have important shared interests with 
the USA and disputes with China and so are likely to remain allied to the USA.7 For 
Chinese allies, however, the theory predicts a switch to the US side as the likelihood 

6 These two phases may overlap, in which case war could come from either side, as discussed below.
7 Provided that the USA continues to support them.
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of a US-launched preventive war falls below the probability of a revisionist war 
from China. The main country to which this logic applies is Russia. Russia is a great 
power with an economy in the top 15, top 5 military spending and legacy military 
capabilities from the Cold War that out-class China in some categories, especially in 
the nuclear realm. It carries out an independent foreign policy and is free to choose 
sides.8 Russia is currently aligned with China (Korolev 2020). From the U.N. Secu-
rity Council, to the Shanghai Cooperation Organization, Russia and China work 
together and often are on opposite sides of salient political issues from the USA. For 
instance, Russia and China blocked U.N. action against the Assad regime in Syria at 
several junctures in the civil war that started in 2011.9 However, Russia and China 
have no particular shared interests in terms of ideology or mutual trust, apart from a 
shared antipathy to liberal democratic norms (Lo 2008; Ellings 2018; Owen 2020). 
As China grows, therefore, there may come a threat transition point where Russia 
perceives the threat from China to be greater than that from the USA. Will Russia 
switch sides? If so when?

In what follows, I will first briefly review alliance theory and then sketch a theory 
of alliance choice under shifting relative power in the vein of balance of threat the-
ory. I then develop a game theoretic model that formalizes the arguments and serves 
to generate hypotheses on the timing of the threat transition. I then briefly review 
US–China–Russian relations in light of the theory.

Choosing sides

Alliance formation is one of the fundamental concerns of international relations the-
ory. As Kenneth Waltz put it, “If there is any distinctively political theory of inter-
national politics, balance of power theory is it” (Waltz 1979, 117). Waltz argued 
that the search for security would lead states to form balances of power. The weak 
should ally together against the strong, because the strong pose the greatest threat 
to their independence. In the current era, he would expect Russia to ally with China 
against the USA, at least as long as the USA retains its edge over China.

Perhaps the greatest empirical challenge to balance of power theory was the Cold 
War alliance system which pitted an enormous and wealthy coalition of democratic 
capitalist countries including the USA, Western Europe and Japan, against a much 
weaker coalition led by the Soviet Union. While the Soviet Union maintained parity 
or even superiority in realized military power on land and in the nuclear realm, the 
Western coalition far outpaced it in potential power and at sea. Some analysts argued 
that states might be bandwagoning rather than balancing, flocking to the stronger 
side rather than the weaker. For weak states, bandwagoning might be a matter of 
necessity.10 Alliance partners capable of helping against the dominant power may 

10 Ross (2020) argues that Russia lacks the power to balance against China in the far East.

8 Unlike China’s other friend in East Asia, North Korea, which is probably debarred from switching to 
the US side by domestic political considerations.
9 For many more examples, see Larson (2020).
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simply be unavailable. Some states may bandwagon voluntarily in hopes of reap-
ing gains, as Italy did in allying with Germany in the Second World War (Schweller 
1994).

Stephen Walt offered an alternative explanation for the Cold War imbalance of 
power, dubbed balance of threat theory (Walt 1987). He argued that states balance 
not just against aggregate power but against threat, which includes proximity, offen-
sive capabilities and malign intentions. The Soviet Union’s nearby offensive land 
capabilities, coupled with communist expansionism, were judged more threaten-
ing by Europe, Japan and eventually China, than the USA’s more distant aggregate 
power, coupled with less hostile intentions. Walt’s theory rescued the concept of bal-
ance, but by introducing aggressive intentions, rendered the theory difficult to fal-
sify and hard to distinguish from liberal theories that focus on state motivations and 
institutions (Legro and Moravcsik 1999).11

A simpler explanation of the Cold War alliance pattern is that states choose 
partners based primarily on ideology, rather than balance of power or the military 
components of threat. The “birds of a feather” hypothesis holds that democracies 
should ally with democracies, authoritarians with authoritarians, etc. Democra-
cies may ally with democracies in order to protect and extend the sphere of liberal 
democratic states and because they make more reliable alliance partners. (Gaubatz 
1996). Authoritarian leaders like Vladimir Putin and Xi Jinping may ally together 
to defend their legitimacy against the corrosive influence of the liberal democratic 
order (Owen 2020). Putin and Xi both feel threatened by democratic norms involv-
ing free elections, a free press and open trade and communication across borders. 
They share an interest in undermining this order, questioning its legitimacy and 
attempting to generate popular dissatisfaction and disillusionment with it. Creating 
new organizations and new international ties that are explicitly not based on West-
ern norms, such as the Shanghai Cooperation Organization and China’s One Belt, 
One Road initiative, also serve this shared interest.12 The quantitative literature on 
the birds of a feather hypothesis finds mixed results. Lai and Reiter (2000) find that 
similar regimes are more likely to ally than dissimilar regimes, but only after 1945, 
while Gibler and Wolford (2006) find that although democracies are not necessarily 
more likely to ally in the first place, alliances tend to promote democracy by reduc-
ing threat.

While these theories of alignment are foundational, they lack a dynamic perspec-
tive. What happens when power shifts? An extensive literature on “power transi-
tions” argues that when the second-ranked state overtakes the leading state, war 
is more likely  (Organski and Kugler 1980; Kim 1992; Werner and Kugler 1996; 
DiCicco and Levy 1999; Tammen et al. 2000).13 Critics argue that power transitions 

11 See Walt (1997) for his views on why alliances collapse.
12 Steven David (1991) argues that leaders balance against the greatest threat to their tenure, whether 
that threat is foreign or domestic. Daniel Drezner applies this perspective to the Trump administration, 
“Trump, Russia and Omnibalancing: What Happens if Trump Views His Domestic Threats as More Dire 
Than Any Foreign Threat?” The Washington Post, June 15, 2017.
13 See also the historical literature on the “rise and fall of great powers,” (Kennedy 1987).
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are rare and usually produced by war rather than causing war (Lebow and Valentino 
2009). The US–Chinese case does, however, seem to correspond well to the assump-
tions behind power transition theory; in that, there is a clear dominant state in dan-
ger of being surpassed by the second-ranked state due to a long-term process of 
differential economic growth. As discussed above, balance of power theory predicts 
that states should start with the rising power and then switch when it over takes the 
declining state, while bandwagoning theory predicts the opposite.

Another literature that focuses on shifting relative power is preventive war the-
ory (Copeland 2000; Fearon 1995; Powell 2006). When a state is declining vis-a-vis 
an adversary, it may fear for the future. The rising state may attack it in the future, 
or may coerce it into making concessions that are painful. To avoid this fate, the 
declining state may attack in the present, in hopes of eliminating or severely weak-
ening the rising power. Note, a declining state may have preventive incentives to 
attack even if it will remain superior to the rising state indefinitely, as the USA did 
in attacking Iraq in 2003. It is even possible for a weaker state to attack preventively 
rather than grow still weaker, as Japan did in 1941. Preventive war theory dove-
tails nicely with balance of threat theory and suggests that states should switch sides 
if the threat posed by the rising power overtakes the threat posed by the declining 
state. In what follows, I will develop this connection in more detail.

Balancing threats under changing relative power

In the context of changing relative power between a declining and a rising state, we 
can frame the alliance choice for third parties as either to ally with the rising state, 
to remain neutral or to align with the declining state. Some states, with strong shared 
interests with one side or the other, will choose that side regardless of power shifts. 
For more impartial third parties, given that alliances involve costs, in terms of lost 
flexibility and autonomy  (Leeds 2003), and the potential cost of being entrapped 
by the ally in an unwanted war  (Snyder 1997), the natural tendency of states is 
to remain neutral  (Mearsheimer 2001, 157). Only when states find their interests 
directly threatened or they think standing by will lead to dangerous shifts in the bal-
ance of power will they feel compelled to add their weight to the scales.

We can conceptualize the effect of a shift in relative power on the likelihood 
of war and alliance choice as a four stage cycle, as illustrated in Fig. 1.14 On the 
horizontal axis, we have time, and on the vertical axis, on the top we have the ris-
ing state’s power and level of satisfaction with the status quo and on the bottom 
the chance of war. Focus first on the top half of the figure. In the beginning, the 
old order prevails, and the rising state is still weak. It may be dissatisfied with the 
status quo, but it lacks the power to extract concessions from others. In the rising 
power phase, the rising state begins its ascent. Its satisfaction with the status quo 
still lags, however, because it generally takes a while to coerce change in the inter-
national order, and prestige and leverage tend to lag actual power for rising states. 

14 Inspired in part by Gilpin (1981, 12).
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Next, in the consolidation phase, the rising state has largely risen in power, but is 
still engaged in increasing its influence, or level of satisfaction with the international 
system. Finally, the new order prevails, with the newly risen power having achieved 
what it can with its new found strength.

The likelihood of war is shown in the bottom half of the figure. In the old order, 
relative stability prevails. Power and satisfaction are roughly aligned, so no state 
thinks it can make easy gains at the expense of others. In the rising power phase, the 
chief danger is preventive war, initiated by the declining power, as discussed above. 
This danger dissipates as the rising state peaks and the declining state bottoms out. 
In the consolidation phase, the chief danger is a predatory war initiated by the ris-
ing state. The rising power has become more powerful, but its satisfaction with the 
international system lags behind. The rising state has therefore become dissatisfied, 
in the sense that it prefers war to the maintenance of the status quo (Powell 1999, 
92). It will therefore use coercive diplomacy to extract concessions from other states 
and possibly fight wars to increase its level of satisfaction. The chance of war is 
higher, the larger the divergence between the distribution of power and the distribu-
tion of benefits (Powell 1996). Finally, in the new order, stability reigns once more. 
The rising power has squeezed whatever satisfaction it can from the international 
system, and is now satisfied with the status quo. The likelihood of conflict therefore 
declines once again.

How should third parties navigate these turbulent waters? Under the old order, 
power is stable, the chance of major conflict is low, and third parties can afford to 
stay neutral. As we move into the rising power phase, the rising power begins to 
grow, and the declining power begins to contemplate preventive war. Both sides 
should start to compete for allies, and third parties will be drawn to take sides, as 
Thucydides describes in the case of the Peloponnesian War (Thucydides 1954, 35). 
At this point, third parties should ally with the rising power for two reasons. First, 
an alliance with the rising power might deter the declining power from attacking, 
which would avoid the costs and risks of a major war. Second, if the declining power 
is allowed to defeat the rising power, it may greatly improve its power position over 
the third party, putting the third party in a weak bargaining position in the future. 
Balancing with the rising power in the early phases of a power shift therefore makes 
sense, as a way of warding off or limiting the damage of a preventive war waged by 
the declining state.

An alternative strategy might be to ally with the declining state in order to reas-
sure it about the future, and thereby lessen its incentive for preventive war. If the 
declining state expects to have allies in the future when it is weaker, it may tip the 
scales in favor of declining gracefully. Allying with it now may send a signal that 
one will continue to side with it when the need arises after the rising state has risen. 
However, such commitments are hard to make credible in the anarchic world of 
international relations. Even if the third party is capable of making long-term com-
mitments, there is a real danger of the alliance encouraging the preventive war rather 
than discouraging it. An alliance now strengthens the hand of the declining power, 
making a preventive war potentially more attractive. For instance, Germany argu-
ably launched World War I as a preventive war against Russia (Copeland 2000, 79). 
As they prepared for war in July of 1914, they hoped for, but did not expect, British 
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neutrality, having failed to get a British alliance. It is hard to imagine that Germa-
ny’s hand would have been stayed if the British had sided with them at this point. 
The safer path is to oppose the declining state to raise the cost of preventive war.

In the consolidation phase, the tables are turned. By this point, the declining 
power has given up on preventive war. Instead, the rising power is intent on reap-
ing the rewards of its rise through predatory war. As it starts pushing its neighbors 
for concessions and throwing its weight around, third parties should ally against it, 
including with the now declined power. The strategic problem in this phase is that 
the risen state is more powerful than it was, and hence has grown dissatisfied with 
the status quo. An obvious remedy is for other states to confront the risen state with 
an alliance that balances its new found power, rendering the status quo not so bad 
in comparison with war. The same two reasons that mandated allying with the ris-
ing state in the rising power phase now mandate allying against it. Allying with the 
declined state may deter predation from the risen state. If the risen state is allowed to 
pick off other states one by one, it may put remaining third parties at a disadvantage 
in terms of relative power. Therefore, in the consolidation phase, third parties should 
align with the declined state against the risen state. Finally, in the new order, if the 
risen state has become satisfied and conflict is unlikely, third parties may safely 
revert to neutrality.

The theory so far outlines a chronology in which third parties switch from neu-
trality under the old order, to alliance with the rising power to deter preventive war 
from the declining power in the rising power phase, to alliance with the declined 
power to deter predation from the risen power in the consolidation phase, and return-
ing to neutrality in the new order. Two complications are immediately worth noting. 
First, there may be a gap between the rising power and consolidation phase in which 
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the declining power no longer considers preventive war, but the rising power has 
not yet begun to throw its weight around. For instance, the European powers basi-
cally gave up any thought of preventive war against the USA after the Civil War, 
but the USA did not engage in expansion against the Europeans until the end of the 
nineteenth century. In that case, third parties can afford to lapse back into neutrality, 
unless and until the rising power gets more aggressive.

Conversely, if the rising power is very dissatisfied to begin with, it may begin its 
revisionist campaign while the declining power is still considering preventive war. 
In that case, the rising power phase and the consolidation phase overlap. This is a 
difficult problem for the third party because war may come from either side. What is 
a third party to do? When should it switch from the riser to the decliner? A security 
seeker interested in preserving the balance of power should weigh the relative likeli-
hood of preventive war coming from the declining power and predatory war coming 
from the rising power and switch sides when the likelihood of preventive war falls 
below the likelihood of predatory war. This is the threat transition point illustrated 
as the dotted line in Fig. 1. This may be a difficult moment to discern, both for states 
and for external observers. However, if timed appropriately, a switch at that moment 
will minimize the likelihood of war and maximize the security of the third state.15

Note again the point when it makes sense to switch sides need not correspond to 
a power transition point at which the rising state becomes stronger in absolute terms 
than the declining state. In that way, the theory differs from balance of power theory 
which would recommend simply allying with the weaker side. Instead, the theory 
predicts allying against the state most likely to aggress, which is the declining state, 
while it contemplates preventive war, and the rising state as it pursues revision to 
the status quo. The point in time at which the declining power gives up on preven-
tive war and the rising power starts pressing its claims will not necessarily align 
with a power transition point. The declining state may give up on preventive war 
long before the rising state reaches parity, if indeed it ever does. Some declining 
powers may never seriously contemplate preventive war (Schweller 1992), in which 
case third parties should ally with them as soon as the rising power begins to push 
for revision. Conversely, some declining powers wage preventive war even though 
they were never stronger than the rising power, such as Japan in 1941. In that case, 
the theory predicts allying with the rising power even though it is stronger than the 
declining power. So while power transition points may be correlated with alliance 
switching points, they are not the same, what matters is which state is most likely to 
aggress.

The dynamic balance of threat theory I have outlined predicts an intensified 
competition for allies as a result of changing relative power. As the rising power 
begins its ascent and the declining power contemplates preventive war, third parties 

15 An alternative, and even more difficult, strategy is “pivotal deterrence,” the attempt to deter both 
sides at the same time, through conditional threats to fight against whichever side initiates hostilities. For 
instance, Bismarck kept the peace between a rising Russia and declining Austria in the 1870s through a 
policy of opposing belligerent policies by either one, until finally siding with Austria after Russia’s vic-
tory over Turkey made it too strong (Crawford 2003, 46–73). See also Benson (2012).
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should rally to the side of the rising power to deter the preventive war. Once the ris-
ing power has risen and the declining power has given up on preventive war, third 
parties should switch sides and join the declined state in opposing the newly risen 
state’s attempts at predation.16

A model of switching sides

I now turn to a simple model that formalizes the arguments sketched above. There 
are three players, a declining state, D, a rising state, R, and a potential ally, A. There 
are two rounds of play indexed by t ∈ {1, 2} . The model is meant to represent long-
term calculations associated with preventive war, so the rounds can be thought of 
as separated by a number of years, over which differential economic growth would 
produce changes in relative power.

Each round starts with the ally deciding whether to side with D, remain neutral 
or side with R. The ally’s choice variable is denoted at ∈ {−1, 0, 1} , where setting 
at = −1 signifies allying with D, setting at = 0 means remaining neutral and choos-
ing at = 1 means allying with R. After A makes its alliance decision, D and R choose 
to attack each other or not. If either side attacks, a war takes place; otherwise, the 
round ends peacefully. An attack in the first round ends the game. If the first round 
ends peacefully, the game proceeds to the second and final round. The peace, or sta-
tus quo, payoffs are sd , sr and sa , for the declining state, rising state and ally, where 
si ∈ [0, 1] , ∀i . If peace holds in the first round, each player receives si , and if no one 
attacks in either round, the payoffs are 2si . I assume that sd + sr = 1 , so that sd and sr 
can be thought of as shares of a good in contention between the two sides that has 
a total value of 1. For instance, in the US–China case, it could represent the border 
between the two sides’ spheres of influence, where the USA wishes that boundary to 
be as close to the Chinese coast as possible and China wants it to be as far from their 
coast as possible.

The war payoffs are a function of the baseline chance of winning, A’s alliance 
choice, the utility of winning and the cost of war. Let pt be the rising state’s base-
line chance of winning a war in round t, so the declining state’s chance is 1 − pt . 
To represent the growth in R’s relative power, we assume that p1 < p2 . If the ally 
fights together with one side, that side’s chance of winning goes up by � and the 
other side’s chance of winning goes down by � . I assume that the main protago-
nists, the declining and rising state, each get 1 if they win the war and zero if they 
lose. The ally values the victory of the declining power by an amount equal to ua(vd) 
and that of the rising power by ua(vr) . The costs of war are cd , cr and ca . If the ally 
remains neutral, (sets at = 0 ), it does not pay war costs, but it still has to live with 

16 The theory posits that the most important consideration for the third party is how its choice affects 
the possibility of war between the rising and declining states. An alternative framework would focus on 
conflicts of interest between the third party and each of the two leading states. As power shifts, the rising 
state would become more demanding and the declining state less so, generating a similar threat transition 
point, which would also not necessarily correspond to a power transition point.
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the outcome of the war.17 First-round war payoffs are multiplied by two, because the 
outcome of the war is assumed to last for both rounds. Putting these factors together, 
if we denote wi(t, at) as the war payoff for player i in round t as a function of A’s alli-
ance choice at , the war payoffs are the following.

A special case we will consider is the impartial ally. Impartial allies are motivated 
not by favoritism to one side or the other but by the desire to prevent either side from 
destroying the other, and hence acquiring even more power in the future. Structural 
realist theories often argue that alliance choices are determined by such power con-
siderations rather than particular likes or dislikes for individual states (Waltz 1979). 
In the setting of the model, I define impartial allies as follows.

Definition 1 An impartial ally does not care which side wins, but prefers the status 
quo to victory by either side, sa > ua(vr) = ua(vd).

An impartial ally’s war payoff is much simpler, because it does not care who 
wins: wa(t, at) = (3 − t)[ua(vr) − |at|ca] . The impartial ally only cares about the pay-
off if either of the two parties wins18 and the costs of war.

In order to tailor the model to the strategic situation described verbally above, 
I make the following assumptions about the magnitude of the parameters. For the 
declining state, the motivation for preventive war is fear of the future, whereas for 
the rising state the motivation for war is simple gain. I therefore assume that the sta-
tus quo favors the declining state, so that the declining state prefers the status quo to 
war, or is “satisfied” but the rising state could prefer war to the status quo, and so is 
potentially “dissatisfied” (Powell 1999).

Assumption 1 The status quo favors the declining state, sd > (1 − p1) , and disfa-
vors the rising state, sr < p1.

This implies further that the declining state will never attack in round 2, since 
that is the final round and there are no more preventive concerns.

Second, I assume that the ally prefers the status quo to war regardless of 
who it sides with. That is, even if the ally prefers that the declining state win, 
ua(vd) > ua(vr) , it nonetheless prefers the status quo to the most favorable war for 
the declining state. Similarly, even if it prefers the rising state to win, it nonetheless 

(1)wd(t, at) =(3 − t)(1 − (pt + at�) − cd)

(2)wr(t, at) =(3 − t)(pt + at� − cr)

(3)wa(t, at) =(3 − t)[(pt + at�)ua(vr) + (1 − (pt + at�))ua(vd) − |at|ca].

17 Note this weakens the incentive to make an alliance. If the ally paid the war costs regardless of 
whether it participated, it would have an additional incentive to choose sides.
18 I use ua(vr) but it is equivalent if one uses ua(vd).
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would rather have peace than the most favorable war for the rising state. This 
assumption rules out allies who want to provoke a war.

Assumption 2 The ally prefers peace to war, sa ≥ wa(t, at) , ∀t, at.

To generate uncertainty about the probability of war, I assume that the rising 
and declining states’ costs of war, cd and cr , are uniformly distributed over the [0, 1] 
interval. This ensures that there are some chance that the rising state will attack in 
the first and second rounds and some chance that the declining state will attack in 
the first round. I assume that a new cost is drawn for each player in each round, so 
that the players do not know their own future cost, or that of the other player. This is 
appropriate in the context of a model where the “rounds” can be separated by many 
years or even decades in time. For instance, current Chinese and American leaders, 
even if they know their own preferences, probably cannot foresee exactly the condi-
tions under which their successors 40 years from now would be willing to fight.

Equilibrium analysis

The game is solved via backwards induction; details are shown in “Appendix.” In 
the second round, the declining state will not attack, by Assumption 1. Therefore, 
war will only occur if the rising state attacks. R will attack if the war payoff beats 
the peace payoff, or if p2 + a2� − cr ≥ sr , which means that the chance of war in the 
second round, denoted P(W2|a2) , is the following.

Note the chance of war goes up as the ally switches from allying with the declining 
power ( a2 = −1 ), to neutrality ( a2 = 0 ), to allying with the rising power ( a2 = 1).

The ally’s payoff is the likelihood of war times the war payoff, plus the likelihood 
of peace times the peace payoff, which is just sa.

Shifting from neutrality to allying with D reduces the likelihood of war, shifts the 
likelihood of winning in D’s favor and puts A on the hook for war costs, ca , if war 
occurs. Shifting from neutrality to allying with R increases the chance of war, shifts 
the likelihood of winning in R’s favor and also incurs potential war costs for A. An 
impartial ally will never ally with R rather than remain neutral in the second round, 
because it would increase potential war costs for no benefit. An impartial ally could, 
however, ally with D rather than remain neutral, because it would decrease the 
chance of war, and therefore increase the likelihood of the status quo remaining in 
place, which the impartial ally prefers to victory by either side. For the ally to side 
with D rather than remain neutral, the following must hold.

(4)P(W2|a2) = p2 + a2� − sr.

(5)P(W2|a2)wa(2, a2) + (1 − P(W2|a2))sa.

(6)sa ≥wa(2,−1) + (p2 − sr)

(
ua(vr) − ua(vd) +

ca

�

)
.
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The status quo payoff, sa , is bigger than the war payoff by Assumption  2, so the 
condition holds so long as the second term on the right-hand side is not too large. 
The more A favors D and the more of an impact it has on the balance of power, � , 
the lower this second line and the easier the condition is to satisfy. Thus, an ally that 
is impartial or favors D and has a large enough impact on the balance of power will 
choose to side with D in the second round.

Now consider the first round. Here, peace involves an immediate status quo pay-
off, si , plus the value of continuing on to the next round. Denote player i’s value of 
continuing the game into the next round as a function of what A is expected to do 
Vi(a2) . This payoff is composed of the probability of war in the next round times the 
war payoff, plus the probability of peace times the peace, or status quo payoff, si.

Denote the probability that player i fights in the first round conditional on the ally’s 
choices Pi(F|a1, a2) . The expressions are derived in “Appendix” and are as follows:

Since sd + sr = 1 , these sum to zero, which implies that only one side has a posi-
tive chance of attacking, either the declining state or the rising state, but not both. 
These attack likelihoods are illustrated in Fig. 2. Here, we fix the rising state’s ulti-
mate level of relative power at p2 = 0.8 and vary its initial level of power, p1 , from 
0.2 to 0.8.19 When the rising state is initially very weak, that is, p1 is below 0.35, the 
declining state launches a preventive war with some probability. If the rising state 
starts out stronger, the declining state forgoes preventive war but the rising state 
attacks with some probability, rather than wait for the next round. The probability of 
war is minimized, at zero, if p1 = 0.35.

The likelihood of war is denoted P(W1|a1, a2).20 The ally’s payoff is once again 
the likelihood of war times the war payoff plus the likelihood of peace times the 
peace payoff, which now equals sa + Va(a2).

I illustrate the ally’s payoff for allying with D, remaining neutral and allying with 
R in the first round, in Fig. 3. To the left, the ally prefers to ally with R because the 
declining power has some chance of launching a preventive war, and allying with R 

(7)Vi(a2) = P(W2|a2)wi(2, a2) + (1 − P(W2|a2))si.

(8)Pd(F|a1, a2) =1 − p2 − a2� − sd +
2(p2 + a2� − (p1 + a1�))

2 − (p2 + a2� − sr)
,

(9)Pr(F|a1, a2) =p2 + a2� − sr −
2(p2 + a2� − (p1 + a1�))

(2 − (p2 + a2� − sr))
.

P(W1|a1, a2)wa(1, a1) + (1 − P(W1|a1, a2))(sa + Va(a2)).

19 The other parameters are sd = 0.9 , sa = 1 , ua(vd) = ua(vr) = 0.5 , c
i
= 0.05 and � = 0.05 . The ally is 

also assumed to be neutral in both rounds, a1 = a2 = 0.
20 In the general case, the likelihood of war is the sum of the likelihoods that each side attacks, minus 
the product of those likelihoods, Pd(F|a1, a2) + Pr(F|a1, a2) − Pd(F|a1, a2)Pr(F|a1, a2).
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reduces this probability at an acceptable cost. In the region around p1 = 0.3 , the ally 
prefers neutrality, because the likelihood that either side attacks is low. To the right 
of this region, for higher values of p1 , the ally prefers to ally with declining state 
because the declining state has given up on preventive war but the rising state has an 
increasing likelihood of attack.

Note the region in which the ally switches from allying with R, to neutrality, 
to allying with D is centered around p1 = 0.3 , well before 0.5 or the point of 
power transition. Thus, the model shows the ally is balancing against threat, or 
the probability of attack, rather than against power per se. Given these param-
eters, if the declining state starts out at 50% of the relative power, heading down 
to 20%, it decides against preventive war, and the ally sides with it against the 
rising power in both rounds. Only if the declining power starts out very strong, 
around 80% of relative power, does it consider preventive war, causing the ally 
to back R in the first round. Thus, there is nothing magical about the 50% thresh-
old. What matters is the likelihood that each side attacks, which in the model is 
not maximized in the vicinity of 50%.

I sum up the implications of the model in the following results. First, to 
choose sides, the ally must make a real difference at an acceptable cost.

Result 1 The ally is more likely to depart from neutrality if

1. Its impact on the balance of power, � , is large enough
2. Its cost for war, ca , is low enough.

Weak allies, or allies that face high war costs, are therefore more likely to 
remain neutral and hope for the best.

Second, the extent of the power shift determines the likelihood of preventive 
war and alliance choice in the first round.

Result 2 If the extent of the power shift, p2 − p1 , is large, the ally will side with the 
rising state in round 1. If it is smaller, the ally may remain neutral in the first round 
or side with the declining state in both rounds.

A strongly revisionist rising power, combined with a declining power that 
finds preventive war costly, could lead the ally to side with the declining state in 
both rounds, because the main threat comes from the rising power, even before 
it has fully risen.

Alignments in transition: the USA, China and Russia

I now turn to the relationships between the USA, Russia and China. As a basis for 
empirical discussion, consider the measures of material power since 1945 shown in 
Fig. 4. These are drawn from the Composite Index of National Capability (CINC) 



Switching sides: changing power, alliance choices and US–China–…

scores compiled by the Correlates of War Project.21 The CINC score combines a 
country’s share of the world total of military personnel, military spending, iron 
and steel production, energy consumption, total population and urban population. 
Because large rural populations can count as a liability rather than an asset (Beckley 
2018), I leave out the population variables in the figure.

There are four distinct periods that can be distinguished in the figure. The first 
can be identified with the early Cold War and stretches from the end of World War 
II to about 1965. This is a period of US decline and Soviet rise. At the beginning 
of the period, the USA is predominant. It rapidly declines, however, apart from 
brief upward ticks due to the Korean war in 1950–1953 and the Vietnam war from 
1965–1970. The Soviets, meanwhile, recover from the devastation of World War II 
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and become a competitor with the USA by the end of the period. The second or later 
half of the Cold War begins around 1965 and ends about 1985. This is a period of 
relative stability, in which the USA has declined and the Soviets have risen, and are 
pushing to attain a level of satisfaction congruent with their newfound power. The 
third period, the end of the Cold War, is a very rapid collapse in Soviet power from 
1985 to 1995, which puts Russia in the unaccustomed position of being the third-
ranked power in the set. Finally, starting around this point, China begins its gradual 
rise to compete with the USA, while Russia and the USA remain relatively flat.

The dynamic balance of threat theory sketched above would predict that in the 
first period the weakest power, China, should ally with the second-ranked power, 
Russia, against the overwhelming but declining power of the USA to help deter a 
preventive war. Then, in the second period when the Soviets have risen and the US 
decline is over, China, should abandon the rising and now revisionist power, Rus-
sia, and switch sides to the declining USA. This, in broad strokes, is basically what 
happened. Russia and China were allied from the beginning of the PRC in 1949 
until about 1960, as the USA lost much of its postwar predominance. Then, China 
broke with the Soviets and charted their own course for about a decade. Then, amid 
border skirmishes with Russia and US efforts to extricate itself from Vietnam, 
China accepted overtures from the Nixon administration and effectively leaned to 
the US side in the rest of the Cold War. China appears to have experienced a threat 
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transition point somewhere in the mid-1960s, which convinced them to switch from 
the rising power to the declining power.22

Note the dynamic balance of power theory might also claim to get this transition 
right, pointing to the power transition in the graph between the USA and the Soviets 
in the early 1970s. However, I would argue that this is a period less of power transi-
tion than of relatively stable power parity, following the US decline and Soviet rise. 
Thus, balance of power theory, to my mind, has a hard time predicting which side 
other states should choose in this period, since the two sides are fairly compara-
ble, at least on these variables. And when we consider other variables, such as tech-
nology and GDP, the USA probably retains its edge throughout the period, which 
would indicate that China should have stuck with the Soviets.

The next period is a rapid power shift at the end of the Cold War, in which the 
Soviet Union lost much of its power. The dynamic balance of threat theory would 
predict that China should side with the rising state, the USA in this case, against 
the declining state, even though the declining state started out at best at parity and 
declined from there. In this instance, this would not be a shift, since China was 
already leaning toward the USA. And indeed, China did not alter its policy toward 
the USA in the end of the Cold War period, so this counts as a successful prediction. 
However, I would not make too much of it given that it represents a continuation of 
policy rather than a shift, and inertia is always a powerful alternative explanation. 
The change in relative power was also rapid and unexpected, which favors caution 
and stasis.

Finally, we get to what we may consider the present era, in which China is rising, 
and now Russia is the potential ally who must decide with whom to side. Dynamic 
balance of threat theory predicts that Russia should ally with the rising power, 
China. This is indeed what we see. After a brief attempt at integration in the west, in 
which the USA (from the Russian perspective) trampled on Russian interests, Rus-
sia decided to court China. The depth of their collaboration is outlined by Korolev 
(2020). The question remains, how long this relationship will last. The theory pre-
dicts that Russia will eventually move away from the rising state, perhaps through 
a period of neutrality, eventually to some kind of collaboration with the declining 
USA. When, if ever, can this be expected?

The theory suggests that Russia should switch when the likelihood of preventive 
war by the USA declines below the likelihood of revisionist war by China. It is dif-
ficult to say if we have reached this point. First, consider the likelihood of preventive 
war from the USA. American observers may find the notion of a US preventive war 
against China farfetched. However, after the September 11 attacks, the George W. 
Bush administration made preventive war a central pillar of US national security 
strategy and the 2003 invasion of Iraq was a preventive war.23 In 2017, the Trump 
administration made no secret of its consideration of a preventive war against North 
Korea, China’s only true client state. Former National Security Advisor John Bolton 

22 Of course, such a power centric interpretation ignores many important factors, perhaps most impor-
tantly ideology (Lüthi 2008). See also Hopf (2009) and Radchenko (2009).
23 See The National Security Strategy of the United States of America, 2002.
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is on record favoring wars of regime change against North Korea and Iran.24 While 
the Trump administration has proven averse to starting new conflicts, subsequent 
Republican administrations may return to the recent historical norm for the party 
and embrace an aggressive foreign policy once more.

Furthermore, it is unlikely that China’s rise has peaked, or will do so soon. As a 
result, the USA may face preventive temptations for some years to come. A substan-
tial literature on “unipolarity” emphasizes the exceptional advantages the USA still 
enjoys, despite Chinese economic growth  (Wohlforth 1999; Walt 2009; Ikenberry 
et  al. 2012). Pape (2005) argued that George W. Bush’s unilateralism was bound 
to generate “soft balancing” against the USA, but  Brooks and Wohlforth (2005) 
countered that not even soft balancing could be observed or expected, because the 
USA was so far ahead.25 Michael Beckley (2011) also argues that US advantages 
are enduring and that China is rising absolutely but not closing the gap with the 
USA.26 I would argue that at a minimum China’s regional capabilities are growing 
in a way that may make a long-term US commitment to intervene near the Chinese 
coast untenable (Montgomery 2014; Biddle and Oelrich 2016).

Of course, even if China is closing the gap, the USA may decide to forgo pre-
ventive war. Fear of nuclear retaliation could constrain the USA. Randall Schweller 
(1992) argues that democracies rarely wage preventive wars. David Edelstein (2017) 
argues that the short time horizons of democratic leaders incline them to cooperate 
with rising powers, even if they later regret having done so. If the current isolationist 
mood in the Republican party endures, preventive war may well be off the table, as it 
is harder, though not impossible, to imagine the more dovish Democratic party lead-
ing the USA into a great power preventive war against China.

For its part, China’s program of military modernization and its increasingly 
aggressive stance on territorial disputes with its neighbors, particularly with Taiwan, 
Japan and over the south China Sea, have generated intense concern from neighbor-
ing states (Friedberg 2005; Johnston 2013; Liff and Ikenberry 2014; Mastro 2015). 
China has openly threatened the use of force against Taiwan and in connection with 
its territorial ambitions in the South China Sea. It would appear that the rising power 
and consolidation phase currently overlap and war could come from either direction. 
But as time passes, the likelihood of a US preventive war diminishes and the threat 
of a Chinese predatory war increases.

24 See John Bolton, “To Stop Iran’s Bomb, Bomb Iran,” The New York Times, March 26, 2015. Bolton 
is not exceptional in this regard among Republican national security specialists, see also Kroenig (2012).
25 See also Brooks and Wohlforth (2015/16).
26 See also Beckley (2018).
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Conclusion

How should states make alliance choices under shifting relative power? The 
dynamic balance of threat theory delineated above argues that during a power shift 
states should first side with the rising power to deter the declining state from launch-
ing a preventive war, and then switch to the declining state to deter predation from 
the newly powerful rising state. This theory predicts that Russian–Chinese coop-
eration should last as long as the USA entertains the idea of preventive war against 
China, but once the USA gives up on this possibility, Russia should switch to the US 
side to contain Chinese expansionism. The theory presents contrasting predictions, 
at least in principle, to dynamic balance of power theory, which predicts that third 
parties should switch from the rising power to the declining power at the power tran-
sition point, and bandwagoning theory which predicts the opposite. It also contrasts 
with the birds of a feather hypothesis that alliance patterns are determined primar-
ily by ideology rather than power concerns, and so should be unaffected by shifting 
power. Which theory will better describe the future of US–Chinese–Russian rela-
tions remains to be seen.
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Appendix

Appendix contains mathematical details of the equilibria in the game.

The second round

The probability of war in the second round is P(W2|a2) = p2 + a2� − sr , and the 
ally’s payoff in general terms is

or, filling in the war payoff,

More specifically, the ally’s payoff for siding with D is

(10)P(W2|a2)wa(2, a2) + (1 − P(W2|a2))sa

(11)
P(W2|a2)[(p2 + a2�)ua(vr) + (1 − p2 − a2�)ua(vd) − |a2|ca] + (1 − P(W2|a2))sa.
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the payoff for neutrality is

and the payoff for siding with R is

Neutrality beats allying with R when

Assumption 2 holds that sa is larger than the first term on the right. The second term 
will not reverse this if ua(vr) is not too much greater than ua(vd) . For the impartial 
ally, for whom ua ≥ ua(vr) = ua(vd) , the condition reduces to the following,

which is always true.
Allying with the declining power beats neutrality when

(p2 − � − sr)((p2 − �)ua(vr) + (1 − p2 + �)ua(vd) − ca) + (1 − (p2 − � − sr))sa,

(p2 − sr)((p2)ua(vr) + (1 − p2)ua(vd)) + (1 − (p2 − sr))sa,

(p2 + � − sr)((p2 + �)ua(vr) + (1 − p2 − �)ua(vd) − ca) + (1 − (p2 + � − sr))sa.

(p2 − sr)((p2)ua(vr) + (1 − p2)ua(vd)) + (1 − (p2 − sr))sa

≥ (p2 + � − sr)((p2 + �)ua(vr) + (1 − p2 − �)ua(vd) − ca)

+ (1 − (p2 + � − sr))sa

(p2 − sr)((p2)ua(vr) + (1 − p2)ua(vd)) + �sa

≥ (p2 − sr)((p2 + �)ua(vr) + (1 − p2 − �)ua(vd) − ca)

+ �((p2 + �)ua(vr) + (1 − p2 − �)ua(vd) − ca)

(p2 − sr)((p2)ua(vr) + (1 − p2)ua(vd)) + �sa

≥ (p2 − sr)((p2)ua(vr) + (1 − p2)ua(vd))

+ (p2 − sr)(�ua(vr) − �ua(vd) − ca)

+ �((p2 + �)ua(vr) + (1 − p2 − �)ua(vd) − ca)

�sa ≥ (p2 − sr)(�ua(vr) − �ua(vd) − ca)

+ �((p2 + �)ua(vr) + (1 − p2 − �)ua(vd) − ca)

sa ≥ (p2 + �)ua(vr) + (1 − p2 − �)ua(vd) − ca

+ (p2 − sr)

(
ua(vr) − ua(vd) −

ca

�

)

sa ≥ wa(2, 1) + (p2 − sr)

(
ua(vr) − ua(vd) −

ca

�

)
.

(12)sa ≥ ua(vr) −
p2 + � − sr

�

ca
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If the second term is zero, this holds by Assumption 2. However, as � declines, the 
second term increases without bound, so for A to ally with D, it must have enough 
impact on the outcome of the war, � cannot be too small. In the case of the impartial 
ally, this reduces to

which can be solved in terms of �

(13)

(p2 − � − sr)((p2 − �)ua(vr) + (1 − p2 + �)ua(vd) − ca) + (1 − (p2 − � − sr))sa

≥ (p2 − sr)((p2)ua(vr) + (1 − p2)ua(vd)) + (1 − (p2 − sr))sa

(p2 − � − sr)((p2 − �)ua(vr) + (1 − p2 + �)ua(vd) − ca) + �sa

≥ (p2 − sr)((p2)ua(vr) + (1 − p2)ua(vd))

(p2 − sr)((p2 − �)ua(vr) + (1 − p2 + �)ua(vd) − ca) + �sa

− �((p2 − �)ua(vr) + (1 − p2 + �)ua(vd) − ca)

≥ (p2 − sr)((p2)ua(vr) + (1 − p2)ua(vd))

(p2 − sr)((p2)ua(vr) + (1 − p2)ua(vd) − ca) + �sa

(p2 − sr)((−�)ua(vr) + (�)ua(vd))

− �((p2 − �)ua(vr) + (1 − p2 + �)ua(vd) − ca)

≥ (p2 − sr)((p2)ua(vr) + (1 − p2)ua(vd))

(p2 − sr)(−ca) + �sa

(p2 − sr)((−�)ua(vr) + (�)ua(vd))

− �((p2 − �)ua(vr) + (1 − p2 + �)ua(vd) − ca) ≥ 0

(p2 − sr)

(
ua(vd) − ua(vr) −

ca

�

)
+ sa

− ((p2 − �)ua(vr) + (1 − p2 + �)ua(vd) − ca) ≥ 0

sa ≥ (p2 − �)ua(vr) + (1 − p2 + �)ua(vd) − ca

− (p2 − sr)

(
ua(vd) − ua(vr) −

ca

�

)

sa ≥ (p2 − �)ua(vr) + (1 − p2 + �)ua(vd) − ca

+ (p2 − sr)

(
ua(vr) − ua(vd) +

ca

�

)
,

(14)sa ≥ wa(2,−1) + (p2 − sr)

(
ua(vr) − ua(vd) +

ca

�

)
.

(15)sa ≥ ua(vr) +
p2 − sr − �

�

ca,

sa� ≥ ua(vr)� + (p2 − sr)ca − �ca

sa� − ua(vr)� + �ca ≥ (p2 − sr)ca

(16)� ≥
(p2 − sr)ca

sa − ua(vr) + ca
.
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(Note this cannot be satisfied if sa = ua(vr) because then � would have to be large 
enough to drive the probability of war when A aligns with D below zero.)

Finally, allying with the declining state beats aligning with the rising state when

This is true by Assumption 2, so long as the Ally is not biased in favor of the rising 
state, so long as ua(vd) ≥ ua(vr) . Note this does not depend on the magnitude of �.

To sum up, in the second round, the neutral ally will never side with the rising 
power. It will side with the declining power if Eq. 16 is satisfied; otherwise, it will 
remain neutral.

The first round

The payoffs for continuing into the next round are as follows.

(p2 − � − sr)((p2 − �)ua(vr) + (1 − p2 + �)ua(vd) − ca) + (1 − (p2 − � − sr))sa

≥ (p2 + � − sr)((p2 + �)ua(vr) + (1 − p2 − �)ua(vd) − ca) + (1 − (p2 + � − sr))sa

2�sa ≥ (p2 + � − sr)((p2 + �)ua(vr) + (1 − p2 − �)ua(vd) − ca)

− (p2 − � − sr)((p2 − �)ua(vr) + (1 − p2 + �)ua(vd) − ca)

2�sa ≥ (p2 − sr)((p2 + �)ua(vr) + (1 − p2 − �)ua(vd) − ca)

+ �((p2 + �)ua(vr) + (1 − p2 − �)ua(vd) − ca)

− (p2 − sr)((p2 − �)ua(vr) + (1 − p2 + �)ua(vd) − ca)

+ �((p2 − �)ua(vr) + (1 − p2 + �)ua(vd) − ca)

2�sa ≥ (p2 − sr)((p2)ua(vr) + (1 − p2)ua(vd) − ca)

+ (p2 − sr)(�ua(vr) − �ua(vd))

+ �((p2)ua(vr) + (1 − p2)ua(vd) − ca)

+ �(�ua(vr) − �ua(vd))

− (p2 − sr)((p2)ua(vr) + (1 − p2)ua(vd) − ca)

− (p2 − sr)((−�)ua(vr) + (�)ua(vd))

+ �((p2)ua(vr) + (1 − p2)ua(vd) − ca)

+ �((−�)ua(vr) + (�)ua(vd))

2�sa ≥ (p2 − sr)(�ua(vr) − �ua(vd))

+ �((p2)ua(vr) + (1 − p2)ua(vd) − ca)

− (p2 − sr)((−�)ua(vr) + (�)ua(vd))

+ �((p2)ua(vr) + (1 − p2)ua(vd) − ca)

sa ≥ (p2)ua(vr) + (1 − p2)ua(vd) − ca

+ (p2 − sr)(ua(vr) − ua(vd)).

(17)Vd(a2) =P(W2|a2)(1 − (p2 + a2�) − cd) + (1 − P(W2|a2))sd,

(18)Vr(a2) =P(W2|a2)(p2 + a2� − cr) + (1 − P(W2|a2))sr,
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The impartial ally’s payoff is

Player D will attack if war beats peace.

Player R attacks if the following holds.

Note that since sd + sr = 1 , these sum to zero, so only one side will be attacking for 
any set of parameter values. We can solve for the boundary point between these two 
regions as a function of p1 as follows:

(19)
Va(a2) =P(W2|a2)[(p2 + a2�)ua(vr) + (1 − (p2 + a2�))ua(vd) − |a2|ca]

+ (1 − P(W2|a2))sa.

(20)Va(a2) = P(W2|a2)[ua(vr) − |a2|ca] + (1 − P(W2|a2))sa.

2(1 − p1 − a1� − cd) ≥ sd + Vd(a2)

2(1 − p1 − a1� − cd) ≥ sd + (p2 + a2� − sr)(1 − p2 − a2� − cd)

+ (1 − (p2 + a2� − sr))sd

2cd − (p2 + a2� − sr)cd ≤ 2(1 − p1 − a1�) − sd − (p2 + a2� − sr)(1 − p2 − a2�)

− (1 − (p2 + a2� − sr))sd

(2 − (p2 + a2� − sr))cd ≤ 2(1 − p1 − a1�)

− (p2 + a2� − sr)(1 − p2 − a2�) − (2 − (p2 + a2� − sr))sd

(2 − (p2 + a2� − sr))cd ≤ 2(1 − p2 − a2�) + 2(p2 + a2� − (p1 + a1�))

− (p2 + a2� − sr)(1 − p2 − a2�) − (2 − (p2 + a2� − sr))sd

(2 − (p2 + a2� − sr))cd ≤ (2 − (p2 + a2� − sr))(1 − p2 − a2�) + 2(p2 + a2� − (p1 + a1�))

− (2 − (p2 + a2� − sr))sd

cd ≤ 1 − p2 − a2� − sd +
2(p2 + a2� − (p1 + a1�))

2 − (p2 + a2� − sr)
.

2(p1 + a1� − cr) ≥ sr + Vr(a2)

2(p1 + a1� − cr) ≥ sr + (p2 + a2� − sr)(p2 + a2� − cr) + (1 − (p2 + a2� − sr))sr

−2cr + (p2 + a2� − sr)cr ≥ − 2(p1 + a1�) + (p2 + a2� − sr)(p2 + a2�)

+ (2 − (p2 + a2� − sr))sr

2cr − (p2 + a2� − sr)cr ≤ 2(p1 + a1�)

− (p2 + a2� − sr)(p2 + a2�) − (2 − (p2 + a2� − sr))sr

(2 − (p2 + a2� − sr))cr ≤ 2(p2 + a2�) − 2(p2 + a2� − (p1 + a1�))

− (p2 + a2� − sr)(p2 + a2�) − (2 − (p2 + a2� − sr))sr

(2 − (p2 + a2� − sr))cr ≤ (2 − (p2 + a2� − sr))(p2 + a2� − sr)

− 2(p2 + a2� − (p1 + a1�))

cr ≤ p2 + a2� − sr −
2(p2 + a2� − (p1 + a1�))

(2 − (p2 + a2� − sr))

.
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For p1 + a1� greater than this, the rising state attacks, if it is lower, the declining 
state attacks.

A’s payoff in general terms is the following:

If A sides with D in the first round, the payoff is

if A remains neutral, the payoff is

and if A sides with R, the payoff is

Siding with R beats siding with D when the following holds.

0 = 1 − p2 − a2� − sd +
2(p2 + a2� − (p1 + a1�))

2 − (p2 + a2� − sr)

−1 + p2 + a2� + sd =
2(p2 + a2� − (p1 + a1�))

2 − (p2 + a2� − sr)

2(p2 + a2� − (p1 + a1�)) = (−1 + p2 + a2� + sd)(2 − (p2 + a2� − sr))

p1 + a1� = p2 + a2� +
1

2
(1 − p2 − a2� − sd)(2 − (p2 + a2� − sr)).

P(W1|a1, a2)2[(p1 + a1�)ua(vr) + (1 − (p1 + a1�))ua(vd) − |a1|ca]
+ (1 − P(W1|a1, a2))(sa + Va(a2)).

P(W1| − 1, a2)2[(p1 − �)ua(vr) + (1 − (p1 − �))ua(vd) − ca]

+ (1 − P(W1| − 1, a2))(sa + Va(a2)),

P(W1|0, a2)2[p1ua(vr) + (1 − p1)ua(vd)]

+ (1 − P(W1|0, a2))(sa + Va(a2)),

P(W1|1, a2)2[(p1 + �)ua(vr) + (1 − (p1 + �))ua(vd) − ca]

+ (1 − P(W1|1, a2))(sa + Va(a2)).
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This holds if three things are true. 

1. The chance of war is at least as great if the ally sides with the declining state rather 
than the rising state, P(W1| − 1, a2) ≥ P(W1|1, a2).

2. The ally would prefer to go to the second round rather than fight now, 
Va(a2) ≥ p1ua(vr) + (1 − p1)ua(vd) − ca.

3. The ally does not favor the declining state, ua(vr) ≥ ua(vd).

If the first and third conditions are reversed, the inequality is reversed, and the ally will 
prefer to ally with the declining state. For the impartial ally, substituting in Va(a2) , this 
simplifies to

The second term is positive, so only the first condition is required for the condition 
to be satisfied.

The ally will prefer to side with R rather than remain neutral if the following holds.

(21)

P(W1|1, a2)2[(p1 + �)ua(vr) + (1 − (p1 + �))ua(vd) − ca]

+ (1 − P(W1|1, a2))(sa + Va(a2))

≥ P(W1| − 1, a2)2[(p1 − �)ua(vr) + (1 − (p1 − �))ua(vd) − ca]

+ (1 − P(W1| − 1, a2))(sa + Va(a2))

(1 − P(W1|1, a2))(sa + Va(a2)) − (1 − P(W1| − 1, a2))(sa + Va(a2))

≥ P(W1| − 1, a2)2[(p1 − �)ua(vr) + (1 − (p1 − �))ua(vd) − ca]

− P(W1|1, a2)2[(p1 + �)ua(vr) + (1 − (p1 + �))ua(vd) − ca]

(P(W1| − 1, a2) − P(W1|1, a2))(sa + Va(a2))

≥ P(W1| − 1, a2)2[p1ua(vr) + (1 − p1)ua(vd) − ca]

+ P(W1| − 1, a2)2[−�ua(vr) + �ua(vd)]

− P(W1|1, a2)2[p1ua(vr) + (1 − p1)ua(vd) − ca]

− P(W1|1, a2)2[�ua(vr) − �ua(vd)]

(P(W1| − 1, a2) − P(W1|1, a2))(sa + Va(a2))

≥ (P(W1| − 1, a2) − P(W1|1, a2))2[p1ua(vr) + (1 − p1)ua(vd) − ca]

− (P(W1| − 1, a2) + P(W1|1, a2))2�[ua(vr) − ua(vd)]

(P(W1| − 1, a2) − P(W1|1, a2))(sa + Va(a2) − 2[p1ua(vr) + (1 − p1)ua(vd) − ca])

+ (P(W1| − 1, a2) + P(W1|1, a2))2�[ua(vr) − ua(vd)] ≥ 0.

(P(W1| − 1, a2) − P(W1|1, a2))
× ((2 − P(W2|a2))(sa − ua(vr)) + (2 − P(W2|a2)|a2|)ca) ≥ 0.
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This will be true if three conditions hold. 

1. The chance of war is higher if the ally remains neutral than if it allies with R, 
P(W1|0, a2) ≥ P(W1|1, a2).

2. The ally prefers to go to the second round rather than fight, 
Va(a2) ≥ p1ua(vr) + (1 − p1)ua(vd).

3. The ally prefers R to win enough to outweigh the costs of fighting weighted by 
the ally’s impact on relative power, ua(vr) ≥ ua(vd) +

ca

�
 . The lower the costs and 

higher the impact, the easier this is to satisfy.

In the case of the impartial ally, this simplifies to

substituting in Va(a2),

P(W1|1, a2)2[(p1 + �)ua(vr) + (1 − (p1 + �))ua(vd) − ca]

+ (1 − P(W1|1, a2))(sa + Va(a2))

≥ P(W1|0, a2)2[p1ua(vr) + (1 − p1)ua(vd)]

+ (1 − P(W1|0, a2))(sa + Va(a2))

(1 − P(W1|1, a2))(sa + Va(a2)) − (1 − P(W1|0, a2))(sa + Va(a2))

≥ P(W1|0, a2)2[p1ua(vr) + (1 − p1)ua(vd)]

− P(W1|1, a2)2[(p1 + �)ua(vr) + (1 − (p1 + �))ua(vd) − ca]

(P(W1|0, a2) − P(W1|1, a2))(sa + Va(a2))

≥ P(W1|0, a2)2[p1ua(vr) + (1 − p1)ua(vd)]

− P(W1|1, a2)2[(p1ua(vr) + (1 − p1)ua(vd)]

− P(W1|1, a2)2[�ua(vr) − �ua(vd) − ca]

(P(W1|0, a2) − P(W1|1, a2))(sa + Va(a2))

≥ (P(W1|0, a2) − P(W1|1, a2))2[p1ua(vr) + (1 − p1)ua(vd)]

− P(W1|1, a2)2[�ua(vr) − �ua(vd) − ca]

(P(W1|0, a2) − P(W1|1, a2))(sa + Va(a2) − 2[p1ua(vr) + (1 − p1)ua(vd)])

+ P(W1|1, a2)2[�ua(vr) − �ua(vd) − ca] ≥ 0

.

(P(W1|0, a2) − P(W1|1, a2))(sa + Va(a2) − 2ua(vr)) − P(W1|1, a2)2ca ≥0
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which will hold so long as the likelihood of war is higher in the case of neutrality 
and the cost of war is not too high. If the chance of war is lower with neutrality, then 
this cannot hold, and the ally will prefer neutrality.

Finally, the ally will prefer to remain neutral rather than side with D if the follow-
ing holds.

This will hold if three conditions are true. 

1. The probability of war is higher if the ally sides with D rather than remains neutral 
P(W1| − 1, a2) ≥ P(W1|0, a2).

2. The ally prefers to go to the next round rather than f ight, 
Va(a2) ≥ p1ua(vr) + (1 − p1)ua(vd).

3. The ally is not too biased in favor of the declining state, ua(vd) ≤ ua(vr) +
ca

�
.

In the case of the impartial ally, this reduces to

(P(W1|0, a2) − P(W1|1, a2))(sa
+ P(W2|a2)[ua(vr) − |a2|ca] + (1 − P(W2|a2))sa
− 2ua(vr)) − P(W1|1, a2)2ca ≥ 0

(P(W1|0, a2) − P(W1|1, a2))
× ((2 − P(W2|a2))sa − (2 − P(W2|a2))ua(vr) − P(W2|a2)|a2|ca)
− 2P(W1|1, a2)ca ≥ 0

(P(W1|0, a2) − P(W1|1, a2))
× ((2 − P(W2|a2))(sa − ua(vr)) − P(W2|a2)|a2|ca)
− 2P(W1|1, a2)ca ≥ 0

(P(W1|0, a2) − P(W1|1, a2))((2 − P(W2|a2))(sa − ua(vr))

− ((P(W1|0, a2) − P(W1|1, a2))P(W2|a2)|a2| + 2P(W1|1, a2))ca ≥ 0,

P(W1|0, a2)2[p1ua(vr) + (1 − p1)ua(vd)]

+ (1 − P(W1|0, a2))(sa + Va(a2))

≥ P(W1| − 1, a2)2[(p1 − �)ua(vr) + (1 − (p1 − �))ua(vd) − ca]

+ (1 − P(W1| − 1, a2))(sa + Va(a2))

(1 − P(W1|0, a2))(sa + Va(a2)) − (1 − P(W1| − 1, a2))(sa + Va(a2))

≥ P(W1| − 1, a2)2[(p1 − �)ua(vr) + (1 − (p1 − �))ua(vd) − ca]

− P(W1|0, a2)2[p1ua(vr) + (1 − p1)ua(vd)]

(P(W1| − 1, a2) − P(W1|0, a2))(sa + Va(a2))

≥ P(W1| − 1, a2)2[p1ua(vr) + (1 − p1)ua(vd)]

+ P(W1| − 1, a2)2[−�ua(vr) + �ua(vd) − ca]

− P(W1|0, a2)2[p1ua(vr) + (1 − p1)ua(vd)]

(P(W1| − 1, a2) − P(W1|0, a2))(sa + Va(a2) − 2[p1ua(vr) + (1 − p1)ua(vd)])

+ P(W1| − 1, a2)2[�ua(vr) − �ua(vd) + ca] ≥ 0.
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This will be the case if the probability of war is higher when siding with D than 
remaining neutral.
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